O HESABUCUMOCTHU MACCBHI OT CKOPOCTHA
U PEJIITUBUCTCKOU HHBAPUAHTHOCTH
YPABHEHUM DJIEKTPOJUHAMUKHU

IHunos I'.A.
BBenenue

B MockoBckOM ToCyIapCTBEHHOM YyHHUBepcuTeTe cryaeHTaM @Puszdaka Ha JIEKUMSIX IO
CHelHaIbHOM TEOPUU OTHOCUTENILHOCTH OblJIa BbIIIKMCaHa (OpMYsia MacChl IBUKYILErOcs Tena

v (1)

rjae my - Macca YacTHIbI B CHCTEME OTCUETa, B KOTOPOM OHA HETOIBIKHA (Macca MoKost), Y

- 3D ckopocTh MHEpLUATbHON CUCTEMBI OTCUETA U € - CKOPOCTh cBeTa. KakoBo xe Obu1o Moe
YAMBJIEHUE, KOT/Ia HAa CTPAaHUIAX TAKOTO KOHCEPBATUBHOIO XypHasla kak Y®H s nmpouen nse
crateu JI.B.Oxyns [1,2], B KoTOphIX TOKa3zaHo uto ¢opmyina (1) HEBepHA U Macca OT CKOPOCTH
He 3aBucHT. M3BecTHO, uTo "epe3 dhopmyny (1) onmpenensieTcs moaHas peasITUBUCTCKAs SHEPTH
YaCTHULIbI

2 2

m,c m,v

E=mc’ =—c=myc* +—>—+...,
{ v? 2 2)
T2
c
rie
_ 2

E0 —moc (3)

- 3Heprus nokos yactuupl. CorjacHo ¢opmyne (2), OCHOBHOM 3HEpPruei HEpeNITUBUCTCKOU
qacTuibl (v2 /¢® <<1) ABIACTCSA SHEPrHs NOKO (3), YTO MOATBEPHKICHO SKCIIEPUMEHTAIBHO B
MHOTOYHCIIEHHBIN AIEpHBIX peaknusax. Tak mouemMy e HeBepHa ¢opmyna (1) u oTKyna B3siach

dbopmyna (2)?

1. OrpannyeHuss HA MHBAPHAHTHOCTH YPABHEHUI IBUKEHM S 3apsaa
OTHOCHUTEJILHO Npeodpa3oBannii Jlopenua

HcTopuyecku cnoXuiaoch Tak, 4To Juisl ypaBHeHU MakcBesuia npeoOpa3zoBaHue moJiei

E'=E , E =(E - H)B, El =(E.+~H,)p,
C C

X X

: : v : v ()
Hi=H.. H=(H +"E)B. H =(H - E)p. 1

X



Y KOOpAWHAT

X'=(x-v)p, y' =y, z'=z, t’:(z—x—jjﬁ , (ID)

IIpH epexo/ie HabIoaaTesns OT HEMOABWKHOM cucTeMbl  § B JIBWXKYLIYIOCS C TOCTOSIHHOM
CKOPOCTBIO v BJOJb OCH X cHcTeMy S, BIIEpBBIE MCIOJIB30Ban Jlapmop B KHure «dup u
Matepusi». B cBoell ocHoBomnomnaratouieit padore 1905 r. «K anexTpoauHaMuKe JBUKYLIIUXCS
ten» [3], A.DuHTelH Ha3zbiBaeT npeodpazoBanus (I), (II) mpeobpazoBanusmu Jlopenna u
HCIIOJIB3YCT UX I AOKAa3aTCJIbCTBA MHBAPUAHTHOCTH ypaBHeHI/Iﬁ ABWIXKCHHUA 3apsaa e C
MAaccoil MoKos m, ClenyIomuM obpazom. Om, cnenys Jlopenny u [lyankape, 3anucsiBaeT
IIOKOMITOHCHTHO YPAaBHCHUSA ABHUKCHUA 3apsgaa B KYJIOHOBCKOM II0JIC UCTOYHHMKA B CHCTCMC
orcuera S e 2

Y _ ek, m 4z ek
e

d’x
moFZeEx, m,
t

¥ HOCTYJMPYET, 4TO B cucTeMe S’ 9TH ypaBHEHHUs MMEIOT TaKOM ke BH

2 2 2
mg CZ#Z,: e'E', m 6;,);, =e'E,, m, 6;,22,: ek, 4)
HO BCE€ BEIWYHHBI, BXOJSIIAE B HHUX, IITPUXOBAHBI. Hanee, A.DWHIITEHH nelaeT aBa
npeanooxeHus [3]:
1. 3aps He 3aBHCHT OT CKOPOCTH JIBUKEHHS CHCTEMBI S
e'=e=inv. (5)

2. Macca HOKOs He 3aBUCHT OT CKOPOCTH JIBHKEHHUS CUCTEMBI S’
my = m, = inv. (6)
Tenepsb ypaBHeHus (4) IpUHUMAIOT BUJ
du’ du; du' (7)

X __ ! Yy _ ! z __ !
=ek , moT—eEy, moF—eEz,

X

roe U, =dx, /dt', a=x,y,z cxopocTs 3apsaa B cucteme otcuera S . [Iubdepenuupys
npeoOpaszoBanus koopauHat (II) , Haxoaum

,dx' u, —v , _dy' u, , dz' u (8)

W=—"—=—>r—— y=—=—  _ y="= =
i’ 1-uyv/c? Yoodtt B(l-uyv/c?) ' B(l-uv/c?)



1.1 [JdomoaHuTebHbIE TMPEINOI0KEHHU, NpPU KOTOPBIX BBINOJHSAETCA YCJIOBHE
WHBAPUAHTHOCTH 3apsaa (5)

Ha camom nene, ycrnoBue (5) BBIMOTHSAETCS TOJIBKO TPU OTMPEACICHHBIX TOTOJHUTEIBHBIX
npeanosioxenusx [3]. [eicTBurensHo, 3amuiieM ypaBHEHUs MakcBeiia ¢ MCTOYHHKAMHU B
cucreme S

divE = 4rp , rotE :lG_H , divH =0 , rotH :l a—E+47rpb7 ©)
c ot c\ ot

W, TI0JIOTas WHBAPHMAHTHOCTh ypaBHeHHMH (9) oTHocurenbHO mpeoOpazoBanuii (I) u (1I),
3aIMIIeM 3TH YpaBHEHHS B cucreme S’

. .. 106H' - . 1(oE . 10
div'E' = 4np', rot’E’:—a—,, divvH' =0, rot'H' =— a—,+47rp’u’ ) (10)
c Ot c\ ot

31ech KOMIOHEHTBI CKOPOCTH # TpeoOpasyrorcss  corjacHo (8), a IUIOTHOCTh 3apsnaa P
npeobOpasyeTcst Kak

e p(l_“xj]ﬁ, (1)
C

u.v
. ]ﬂzdxdydz. (12)

OTKYJa 3apsaa BBIYUCIIACTCA KaK

e = ﬁj.p'dx'dy'dz' = ij.p(l -

JInst TOYEYHOM YaCTHIBI p'=eo(F") up=e5(F),rne () - 3D dyuxius Jupaka,
nosromy u3 (12) Mbl umeem

. :e(l_“_f]ﬁz (13)

c
MpI BUKM, 4TO yciioBUE (5) BBIMOIHSIETCS, €CIIH

5\
uv) , u.v v
({22

u,=v=const, (14)

OTKyJa

MIPU ATOM IIOTHOCTH 3apsiaa (11) mpeoOpasyercs kak

p'=pB". (14a)

Takum 00pa3om, yCIIOBHE MHBAPUAHTHOCTH 3apsiza (5) AJis TOUYEYHOTO 3apsiaa (Ipyroil Moaenu
3apsijia ypaBHEHHUs MakcBeIuia He CO/IePIKaT) BHITIOIHSICTCS, €CIIH:

1) cucrema orcuera S’ cBszaHa c 3apsgoM (Gopmymna (14));



2) 3apsja ABUXKETCS MPSAMOJIMHEWHO U paBHOMEpHO (popmymna (14)).
1.2 IIpuOaukeHHasi peIITUBHCTCKAS HHBAPDUAHTHOCTh YPABHEHUH ABMKEHHUs 3apsiia

VYcnoBue naBapranTHoCTH 3apsaa (5) u ero cuencrsue (14) nns ypasHenuit (7) naet

' d 4 '
M0, m =0, m 2o, (1s)
dt’ dt’

dt/2
r7e, Kak 3To cieayet u3 (8) mpu yciosuu (14),

m

u u
I/l’ :0, I/l;/ :z—ym:COnSt, I/l; :Z—ZMZCOnSt, (16)
(1-v=/c) (1-v=/c)
OTKyJa
u, = const, u, = const, u, =const.
(17)

Takum o00pa3zom, ypaBHeHus aBwkeHus (7) u ypaBHeHuss mnojs Makcsemna (10)
WHBAapUaHTHBI OTHOCUTENbHO npeoOpazoBanuii (1), (II) (mpm ycrnoBUM HHBapUaHTHOCTU
TOYEYHOTO 3apsnaa (5)) TONBKO MPU PAaBHOMEPHOM M MPSMOJMHEHHOM JIBMIKEHHUU «IPOOHBIX
3apsA/oB» M HCTOYHUKOB 1Moy, [loHmmast 310, A.DWHIITEHH MPOBOAUT O0Ka3aTEIHCTBO
WHBApUAHTHOCTH yYPaBHEHHI NBIDKCHHS 3apsja, pacCMaTpHBas ciaboe yckopenue 3apsada [3],
nosarasi, BMecto (5), (16) u (17), npubnuxeHHbIE paBEeHCTBA

u. =0, u, ~v=const, e =e=inv (18)
¥ TIPOJIOJIKASI CUUTATD, YTO
1 _ _ .
my = m, = inv.

Hudbdepenunpys (8), Haxoaum

du’ _lux(l—uxv/c2)+(ux —v)i v/

ar’ B (-uyv/c?) ’

du’, _LLiy(l—uxv/cz)+uyaxv/c2 (19)
' p* A-uyv/c®) ’

du. 1 u (1- uv/c)+uivlc’

' B? (-uv/c?)’ ’

Hcnonb3ys nepsble ABa cooTHOIIeHUs (18), W yduThIBast, 4YTO
u =v, u =0 , (20)

3anuieM (19) kak



du' 1u. B> du d
e LASC i _d o, gy,
a" B B dt dt o
du' 1 Llyﬂ"z _ p? du,
' B> Bt " ar’
du! 1 u B > du.
P p2 -6 :ﬂ >
a'" p° B dt

B nepBoM paBeHCTBE MBI HCIIOJIB30BAIHN IIepBOE U3 ycnoBuil (20), mpencraBuB B Kak

[TosTomy

d . : . T ful? o1 .
—u . p)=pPu +up :ﬁux+ﬁ3ux 5 :ﬁ3u{—2 +—]:ﬁ3ux,
dt c c

1€ MBI HCIIOJIB30BAJIN HpI/I6J'II/I)KCHHOC COOTHOIICHUEC

Teneps ypaBuenus (7), ¢ yaetom npeodpazoBanus nosieit (1), 3amumryrcs kak

du d
3Ty gy 2 =eE
m, o M dt(uxﬂ) ek,
du d v
N —e(E. -~ H
m,f % modt(uyﬂ) e(E, . ) 22)
du d %
R —e(E.+~H ).
moﬂ dt mO dt (uzﬂ) e( z C y)

HOCKOJIBKy ABMIKCHHUC UICT BAOJIb OCH x, TO u,=u,=0 n v=Uu IIO3TOMY MBI

y z x 9

MO>KEM 3amucath ypaBHeHus (22) kak

u
moi(uxﬂ):e(Ex-i__y z_u_xHy)’
dt

H -TH L,
C

d
moE(”yﬂ): e(E, + .

d u u
mOE(uzﬂ): e(E. +7" ’ —%Hx).



2. YerpipexmepHasi 3a11MCh YPABHEHMH IBHKCHHUS 3aPA/ia M HE3ABUCHMOCTD
Macchbl 0T CKOPOCTH

YMHOkHUM ypaBHeHus (23) Ha, monydum ¢’

€ u,p u,p

d = — —
mow(uxﬂ)—c(ExﬂJf . H, . H ),
24
moL_,(u B)=<(E ﬂ+MHX—MHZ), 4
cdtp™ " c 7 c c
d _e uwp o, P
mow(uzﬂ)—c(EzﬂJf . H, ; H,)
1501058
d e
m W(%ﬂ) = C—Z(Excﬂ +u,f H, —u pH)),
J . (25)
my———u,B)=—(E,cf+u.pH, —u pH.),
cdtf c
mO#(uzﬂ)zc%(Ezcﬂ tu BH, —u BH.) .

Bgenem Teneps 4D mpocTtpaHcTBO MUHKOBCKOTO C HHTEPBAJIOM

2 2 2 (26)
ds = \Jcdi* —dx® —dy? —dz* =cdt || 1- (ﬂj +(ﬂ] +(£] = B 'cdt
cdt cdt cdt

B KOTOpOoM 3a1aH 4D BexkTop ckopocTh

a

= Zo’Za _ ’ a _ C ’ u ’ (27)
( )= (hh) (\/l—vz/c2 \/l—vz/czj

a=1,2,3,

KBaJ[paT KOTOPOTO paBeH

2’z =c*. (28)



2
YmHo)kas (28) Ha m,”  moJyiyuuM KBajpat 4D BeKTOpa SHEPruu-uUMITyJIbca

p'pi=p"py-pp, =my’c’ (29)

C KOMIIOHEHTaMH

: o m.c? mou” E mou” (30)
p :(po’p ):( 02 2’ 02 2):( 02 2’ 02 2]’
cx/l—v /c \/l—v /c cx/l—v /c \/l—v /c

2
rne E, =myc” -»>Heprus nokos (3), a

E__ & (31)

¢ cl=vi/¢e?

BpEMEHHA’ss KOMMOHEHTa 4D BEeKTOpa SHEPTHHU-UMITYJIbCA, U3 KOTOPOU cienyer dhopmyna (2).

1
Kak nerko Bunets u3z gpopmyn (27) u (30) , pensITUBUCTCKUM MHOXUTENb f = ————, B

b
2 2
J1l=vi/c
opmyie (31) cBs3aH HE C Maccoul m,, a C BDEMEHHO 1 KOMIIOHEHTOH 4D BeKTOpa CKOPOCTH
0

(27).  HUmenno sma komnonenma 3asucum om 3D cxopocmu vacmuysl, a He MACca YacmMuybl.

B cootBercTBUU ¢ mpuOIMKEHHBIM paBeHCTBOM (20), CKOpoCTh Vv OKa3bIBaeTcs B (GopMmyrsie
(31) ckopocthio yacTulbl. TOJBKO MO3TOMY JIOINYCTUMO pa3jIo’KEHUE KBAJIPAaTHOTO KOPHS B
dbopmyse (2) mo cTeneHsm v/c.

Hcnonb3ys cootHomeHus (26) u (27), Mbl MOKET TeNeph 3anucaTh ypaBHeHU (25) Kak

d a e ia
my— (Z)= 5 F (32)

rne a=1,2,3 u i=0,1,2,3, amarpuna F* uMeeT BU]I

0 -E, -E, -E
0 -H, H,
, Hoo 0 -H | (33)

E. -H, -H, 0

z y

z

UYToOB!I MOJIyYUTh YETHIPEXMEPHBIE YPABHEHUS IBH)KEHUS 3apsaa, Mbl J00aBUM K 3 ypaBHEHUSIM
(32) ueTBeproe ypaBHEHUE BHUIA

d e
my ()= F", (34)



KOTOpOTO0, BOOOIIIE TOBOPS, B 3JeKTpoauHamuke Makcsenna-Jlopenua Her. JleBast yacth 3TOrO
YpaBHEHHUS OTJIMYHA OT HYJIA JUIIb Npu ycuosuu (20), a npu v = const 00paniaeTcs B HyJlb.

O6benunss ypaBHeHus (32) ¢ ypasHenuem (34), mbl nonyuum 4D ypaBHeHus

d e .
mog(zk):c—szZi ; (35)
i,k=0,1,23,

MU3BECTHBIC HAM H3 y‘~I€6HI/IKOB.

3aKJII0UYeHue

N3 namero ananu3sa ciienyer:

1. JL.b.Okynb [1,2] aOconroTHO TpaB, KOT/a YTBEPHKAAET, YTO MAacCa YaCTHIIBI HE 3aBUCHUT OT
ee 3D ckopoctu. B pabGore A.DiiHmTeiiHa [3] 3TO yTBEp)KAEHUE HCHOJB3YETCS IMPHU
JIOKa3aTeJIbCTBE PEISITHBHCTCKON MHBAPHAHTHOCTH YPAaBHEHUH JIBVKCHHUS.

2. CornacHo ¢opmyne (13), mpu yCKOPEHHOM JBUWXEHUH GenuuuHa 3apsaoa sagucum om 3D
cKopocmu  08UdCeHUs Yacmuysl, TOSTOMY WHBApUAHTHOCTh 3apsiia SBISIETCS TPETHUM
(HEesIBHBIM) IIOCTYJIATOM CII€LIUAIbHON TEOPUH OTHOCUTEIBHOCTH [4].

3. YcioBue MHBapUAHTHOCTHU 3apsiaa (5) BBIONHIETCS IS 3apsAIoB, KOMOpble 08UNCYMCSL
NPAMOIUHEUHO U pagHomepHo. TOIBKO B 3TOM Cilydae TUIOTHOCTb 3apsif] MpeoOpa3yeTcs Mo
dbopmyne (14a), mo3Bomsis 3amucaTh ypaBHeHHs Maxkcemma (10) ¢ ucToOYHMKaMu B
YCTBIPEXMECPHOM BHJC KakK

—(FH=——/", (36)
C

rac

Jj =(pc, pz,)

-4D TOK.

4. PenatuBucTcKas WHBapUAaHTHOCTH ypaBHeHui (35) wum (36) ewinonusemca uws
NPUONIUIHCEHHO MIPU MaJIBIX YCKOPEHUSAX 3apsJIOB, T.C. B CIIA0BIX JICKTPOMArHUTHBIX
MOJISIX, KOT[a BBITIOJHSAETCS HEPABEHCTBO [4]

E,H <<10" eo. CI'CE. (37)

5. PenstuBHUCTCKas WHBAapUAaHTHOCTb YpPaBHEHUI (35) u (36) mnapymaercs mnpu
YIBTPAPEISTUBUCTCKUX CKOPOCTAX B CHAObIX MOJISIX WM TPH  HEPEISITUBHUCTCKUX
CKOPOCTSIX, HO B CHJIbHBIX IOJISIX



E,H >10" eo. CICE .

Takue moJis MOSBISAIOTCS B JJICKTPOJMHAMHUKE, KOTJa HEPENSATUBHCTCKUE 3apsHKCHHBIC
YaCcTUILIbI B3aUMOJECUCTBYIOT PACCTOSIHUSIX HMOPSIKA KJIACCUYECKOTO pajryca 3JeKTpOHa

ro =€ /myc’ =28-10" cum. (38)

OtmeTuM, 4TO KBaHTOBaHWe ypaBHeHUH (35) u (36) He 3aTparuBaeT MpoOIeMy HapyLICHUS
PENATUBUCTCKOW HMHBAPUAHTHOCTU YpPaBHEHUM JJIEKTPOJAMHAMUKH, €CIM  YCKOPEHHUS YacTHIl
CTaHOBSTCSI OOJILLIUMU.

BonpmnHCTBO TEOpPETUKOB mojaraioT, 4ro ypaBHeHus (35) , (36) U uX KBaHTOBOE
0000111eHNE PEISITUBUCTCKY MHBAPUAHTHBI ITPH JIFOOBIX 3HAYEHUSIX T10JIEH, IPUMEHSS KBAaHTOBYIO
AJIEKTPOJAMHAMUKY JUISl ONMCAHUS B3aUMOJEHMCTBUS AJIEMEHTApHBIX YACTHULl Ha PAaCCTOSHUAX
mopsiaka (38) m meHee. DTo aOCONIOTHO HEBEPHO, TMOCKOJBKY W 4D 3amuch ypaBHEHUM
AJIEKTPOJAMHAMUKM U WX KBAHTOBAaHHWE HE OTMEHSIOT HapylUIeHHE PEJSTUBUCTCKOU
MHBAPUAHTHOCTU 3TUX YpPaBHEHHM IpH OOJBIIMX YCKOpeHUsx. S mojararo, 4ro A.DWHIITEIH,
IpU CO3/aHUU OOIIEH TEOpUU OTHOCUTENIBHOCTHU, B OOJbLIEH CTENEHH PYKOBOJCTBOBAJICS
BBICKAa3aHHBIMHU BBILLIE COOOpaXEHUSIMU,  MBITasICh HAWUTU YpaBHEHHUS SJIEKTPOJUHAMHUKHU IS
OoJpIUX ycKopeHuit 3apsaaoB. [Ipomomkas ero paboTsl B ’TOM HAIPABJICHHUH, 51 V)K€ B JTAJICKOM
1972 r. Halen TMPUHIMIHAIBHOE PEIIeHHe STOW mpoOsiemsl [S5], 3ammMcaB ypaBHEHUS
OOLIEPENATUBUCTCKON HENMHEHHOW 3JEKTPOJUHAMUKM B BHJIE, IOJOOHOM ypaBHEHUSIM
rpaBUTallMM OUHINTEHHA, HO B MapaMeTPUYECKON pPHUMaHOBOM TIE€OMETpPHUM, 3aBUCALIEH OT

CANAn WO T

YIeNIBHOTO 3apsana k=e/m, B pesynbrare, Ha 0aze BaKyyMHBIX

perieHuit HOBOM 3JIEKTPOJAUHAMHKH, YAAJIOCh (PyHIAaMEHTaJIbHBIM 00pa3oM OMHUCaTh sACPHBIE
B3aMMOJICHCTBUS KaK 3apsOKEHHBIX (HampuMmep, MPOTOHOB M s/IEp), TaK U HEHUTPAIbHBIX U
3apsOKCHHBIX (HApUMeEp, HEUTPOHOB U sAnep) dYacTull [6,7], He mpuOeras K «HAIMHCAaHHBIM
pykamMu» (eHOMEHOJIOTHYECKUM SIICPHBIM TIOTCHIIHAJIAM.

C npyroit CTOpOHBI, B KBAaHTOBOM MEXaHUKE Macca YaCTUIbl 3aBUCUT OT YaCTOTHI @ BOJTHOBOM
(GYHKIMHM TIOCKOJIBbKY

E =my’ :hw%mo(w):%w, (39)

rae /- nocrosinHas [lnanka. dusnueckuii CMbICI 3aBUCUMOCTH MacChl OT YaCTOThI CTAHOBUTCS
sICHBIM TOJIbKO B Teopuu ¢usnueckoro Bakyyma [6]. B aTolt Teopun Macca 4acTULbl UMEET
YHCTO OJIEBYIO IIPUPOJLY, U ONpeaessiercs 1o Gopmyie

2 .
1/2 c jm i i s 1/2
mo Jp( g) 87[ng [l |]|m] S[] |z|m] ( g)

rae T - TeH30p 0Js MHEPUMH (TOPCHOHHOE noie). B (KBasu)uHepLHaIbHOM cucTeMe
OTCYETa 3TO COOTHOIIICHHE YIPOIIAETCs, TpUHMas BH [ 8]

m, :jpdV:moj@‘PdV, (40)



rac

Y - HOpMapoBaHHO€ Ha EIAWHUILY II0Ji€ WHEPIMH, YAOBJIETBOPAIOIICE YPaBHEHUIO

[Ipenuurepa. Berauciss snepruro nonst ¥ , mel nonydaem dopmyay (39), mpu 3ToM yrioBas
CKOPOCTh B HEH oOmpenensercs 4yepe3 CIUH YacTHIbl. [lOCKOJIBKY CIIMH 3TO MEXaHHYECKOe
BpaleHue, To, coryiacHo, (39) mobas macca oOpaimaercs B HyJb, €ClIU 0OpamiaeTcs B HyJb
BpAlICHUE 3JIEMEHTOB BHYTpH ee. C Ipyroil CTOPOHBI, MacCoi m,(w) MOXKHO YIPABIATH IIyTeM

W3MCHCHHSI YTJIOBOW CKOPOCTH BpAIICHHS 3JICMEHTOB, €€ COCTaBIISIONIUX. DKCIECPUMEHTATbHAs
IIPOBEpKa, MOATBEPXAA0IIas 3TOT BBIBOJ, OblLIa MpOJieNaHa IPYHION POCCHUMCKUX YUEHBIX B
pabore [9], a 00 ycnenHoi MpoBepKe B KOCMOCE ObIO OduIHaIbHO coodiieHo B [10].

21.05.2010.
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